General Information:
This midterm is a sample midterm. This means:

e The sample midterm contains problems that are of similar, but not identical, difficulty to
those that will be asked on the actual midterm.

e The format of this exam will be similar, but not identical to the actual midterm. Note that
this may be a departure from the format used on exams in previous semesters!

e The sample midterm is of similar length to the actual exam.

e Note that there are concepts covered this semester that do NOT appear on this midterm.
This does not mean that these concepts will not appear on the actual exam! Remember,
this midterm is only a sample of what could be asked, not what will be asked!

How to take the sample exam:
The sample midterm should be treated like the actual exam. This means:

e “Practice like you play.” Schedule 55 minutes to take the sample exam and write answers
as you would on the real exam; include appropriate justification, calculation, and notation!

e Do not refer to your books, notes, worksheets, or any other resources.

e You should not need (and thus, should not use) a calculator or other technology to help
answer any questions that follow.

e The problems on this exam are mostly based on the Worksheets posted on the Math 1152
website and your previous quizzes.

However, in your future professions, you will need to use mathematics to solve many different
types of problems. As such, part of the goal of this course is:

— to develop your ability to understand the broader mathematical concepts (not to en-
courage you just to memorize formulas and procedures!)

— to apply mathematical tools in unfamiliar situations (Indeed, tools are only useful if
you know when to use them!)

There have been questions in your online homework and take-home quizzes with this intent,
and there could be a problem on the exam that requires you to apply the material in an
unfamiliar setting. To aid in preparation, there is such a problem on this sample exam.

How to use the solutions:

o Work each of the problems on this exam before you look at the solutions!

e After you have worked the exam, check your work against the solutions. If you are miss a
type of question on this midterm, practice other types of problems like it on the worksheets!

e If there is a step in the solutions that you cannot understand, please talk to your TA or
lecturer!
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Form A Recitation Time:

Instructions

You have 55 minutes to complete this exam. It consists of 5 problems on 10 pages including
this cover sheet.

If you wish to have any work on the extra workspace pages considered for credit, indicate in
the problem that there is additional work on the extra workspace pages and clearly label
to which problem the work belongs on the extra pages.

The value for each question is both listed below and indicated in each problem.

Please write clearly and make sure to justify your answers and show all work! Correct
answers with no supporting work may receive no credit.

You may not use any books or notes during this exam

Calculators are NOT permitted. In addition, neither PDAs, laptops, nor cell phones are
permitted.

Make sure to read each question carefully.
Please CIRCLE your final answers in each problem.

A random sample of graded exams will be copied prior to being returned.

Problem | Point Value | Score

1 12
10
12
16
30
6 20

Total 100
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1. Multiple Choice [12 pts]

Circle the response that best answers each question. Each question is worth 4 points.
There is no penalty for guessing and no partial credit.

I. The polar form of a curve in the zy plane is given by r = cos(26).

Which of the following is the Cartesian description of the curve?

A z?+yt=x B. 22 +y?2 =2z

C. (22 + 9?3 = (2% — y?)? 7 D. None of the above
r= ocosld0) = cos®® -~ 0?0 (Bom o dng idanbity)
b
ra = 1‘1(0539 N y"a 5&&389 - (xl*y“) o < A ¢

(x&_,\’a)B = (XJ-YJ)')‘

IT. A curve is described parametrically by:

{ z(t) =2cost

. —0o<t<oo
y(t) = 3sint

How many distinct vertical tangent lines does the curve have?

A0 B. 1 D. More than 2

X = s + o cos 4= %X‘
Y= Ismi = st~ ‘é‘)’

Uiy sttt =) > dredyis

ITII. The direction field for a certain differential equation is shown below:
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\] N = VAR

NRRRRR 25700007 * skpes we posche 1 QY
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CNVWNSSSEEEZL 00

MEMEVEVENENENEN RN - NO—t C
MENEVEVENENENEN YN EEE e *

MV NN N N NN FELLLTYE LT

NNV NN NN Lo

For which of the following differential equations could this the direction field?

Y
“dz " dzx
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2. Multiselect [10 pts]

Directions: Circle all of the responses that MUST be true for the problem below. Note
that there may be more than one correct response or even no correct responses!

A perfect answer for this question is worth 10 points. You will be penalized 2 points for:
e each incorrect choice that you circle.
e each correct choice that you do not circle.

Thus, the possible grades on this problem are 0, 2, 4, 6, 8 or 10. You cannot score below a
0 for this problem.

Problem: The first four nonzero terms in the Taylor series for a certain function f(z)

centered at z = 0 are:
fla)=2z—322+223+2°+...

Suppose it is known that:

e The series for f(1) converges.

o The series for f(—2) diverges.
CIRCLE all of the following statements that MUST be true.

C. f(0) = ( ) diverges when z = —2.

E. The series for f(z) must converge for z = 0.

The series for f(z) must converge for z = 1/2.

| The serle .

G. The radius of convergence for the series for f(z) is at most 2.

USRS S —

H. The radius of convergence for the series for f'(z) is at least 1. ‘
IS

£ (= - brt G2 Sty Y0V= |

C F'GY= -6 +pog+20x3 4.~ fH0I--6.

D e F(B) ). We kg FO) comnge t FE) v o
er” ‘F(f\: - 3x3« Ar’ e o+ ('\)ka CoNEGes at | h/ AST

)

Sevies alwirys  convee ab-tow ceitors e

L

6\ n‘e senes d:ﬂ.:,’ﬁ/QCﬁ \h/‘/\em X:) ; Wht(h 'S ;U’Wks _;m tu‘»e (e”{.er = EOC4S a{' ok )
H bﬂww{'za\'mﬂ does nob change 11p

< ok dwoges ot <=1 (howmonc senps ).

The sones convages of <=1, so +He mw POC S | = The soes comnege on (-1}
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3. (Short Answer) [12 pts]

I. Given that f(—1) =0, f'(—1) =2, f"(-1) = 3, and f"”(—1) = 6, write down the second
degree Taylor polynomial of f(z) centered at z = —1. () )

Pols)= ag+ g, (x-c)* a*(X'C)Q,M\m %> T . He, =

= P-\(A: O+ a(x+)+ —;’i (x+ DI Pals)s 0 (xel) + 3(;&!)3

II. Find all possible values of a so y = e is a solution to the differential equation:

%+4%+3y=0.
¥ eatat Whan Y -e™ s a soluhon®
Yl: ae alede + Haea{"'?eu{: 0
Y= ot e [ %+ Ha+3] 0

(a+)ei0=0 = [a==I « a:-3]|

III. Determine whether either curve below could be a solution to the initial value problem:

dy _y _
\;/(u OY"Y If one of these curves does not represent a solution to this problem, explain why!
have Yo
5 51
gie | \
Feasan s i
2 2
1 1
0 1 2 3 4 ; 0 1 2 3 4 5
N x ; x
K .
Not o soluhin R womy vewsms * Net @ slubon  swe y(0)=0
- hae bt € y(0)=)
"In AT, wet xy2 0, we musk , we vequi y(
m te IVP!

hwe  y'>0, so e cune chedd
mevewse o QT !

) GVDf*\ ha$  extrema at x?l QMJNWK':L‘
but v' # 0 fore!

© Graph shadd devesse QY ecau
v' s pegutue Yiert .
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4. [16 pts] The curve C is described parametrically by:

1 — 4¢?
{x(t) @, t>0

y(t) =1t

I. The Tangent Line at (z,y) = (-3,1): Part I

A. Eliminate the parameter to find an implicit description of C in terms of z and y.

w= )= W ue

A +2)?

§mce \/:— _ki' X T | - L‘¥
\/A

L - - .2
XY E My 7yt ey |
B. Use implicit differentiation to find ¢’ in terms of = and y only.

" Toke fo of wth sder rewimbenng o we Chan eyl d Heron tuating v
2 dy d
Yir gy x tHa =0

'FWm 'omdud’ V\A‘e

d 4
Dx)(\l ;l:(( * L\ ‘J\‘i‘ = - \ll
; dy 2
2y *DF = -y
dy _ _y3
dx ~  QxyiY
C. Find the equation of the tangent line to the curve when (z, y) = (-3,1). Solve for y
explicitly in your final answer.
j oy
The shpe s az ‘-’/x»d (3.0) (-3 +Y
- L
= =
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II. The Tangent Line at (z,y) = (—3,1): Part II

A. Find an expression for 3’ in terms of ¢ only from the original parametric description
of the curve.

-

e B () gt R I
d{- ({l{)) = "
dy Yyl _Jb
AN 8&7
B. Find the ¢-value so (z(¢), (t)) —( -3,1).
When y= 1 42 =
1S deFmed ‘FO" +>

C‘I\EC‘HWJ x(-H when =
x(1)= __i&ﬂ’ -3 J

C. Find the equation of the tangent line to the curve when (z,y) = (-3, 1). Solve for y
explicitly in your final answer.

Y— \f(\\: m(x-vx(l))
2018
lebmg v= 1 ue fmd m = .351' > ; %’{i.
<l |

3(17" Y
o —\: _5(%*
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5. [25 pts] (Taylor Series)
L. Find the first four nonzero terms in the Taylor series centered at z = 0 for the function

flz)=z+ 6e® — 3z®sinz.

Simplify your final answer completely!

Hint: Using the definition to do this is very painful!

L 1.3 | \
e = I+7§’(' 02)( "’é‘lx3+ Z‘“‘)(L‘.(.’_‘

)(}: )y ¢+ 4 )Dt-v.. b
) 30) T g (R) e )

(X = 2 Y 6
€ 6+ 6>+ 3IxM + X +Tff-x3f

| 3
S X = X = 3 X r 'Sl‘! XS -
3%3 S X T 3,(“ - 2 %Pt Q\To %9 -
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A. Find the first 4 nonzero terms in the Taylor series centered at z = 0 for the function:

f@)=viTs = ()2
(0
\( ‘FM(X\ ,F(kb(o) L ‘Fk(‘U)
0 ('|+x)"/" \ Yo = |
Y. ya .
| ;%.Uw)"” ! noT s
- - pl VLt
o | (e T 3
33
o 3 3 _ 4
3 \%(w)% 3 3 e

3
Q, v+ QX*® Cllxl*‘ Gyx +t°

{

i\-f)( =
SIS | J

- 1
-— + -
IR L
B. Use Taylor series to evaluate the limit:

1-v1+zt

im ——————.
230 z3 sin(2z)

OSmg A s x4 = = —1 t|) (
SQ ‘~ ‘4—,&“( - = éxq + BKB
g Swox = )<‘3l"5x3+~' L
s (- ()70
x3 S (Jx }j__,%ﬁ;ﬂﬁl}j*
- Nxot -t WML 8
SO : 7 __,.;U_*_Y_ = \;m 2 * ﬁ’s’x -
x30 %3 swilay) %30 AxN -3 xby
I
‘WVI /}’-Ji * _§x“f
x 30
AT a5y,

b
L_“
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6. [20 pts] A man at point O on a pier is holding a rope of length L that is attached to a
boat L units to his right. He begins walking up along the pier and he pulls the boat by a
rope of length L, keeping the rope straight and taut as he pulls. The path followed by the

boat has the property that the rope is always tangent to the curve!. Let f(z) denote y
position of the rowboat when it is a horizontal of z from the pier.

I. [3 pts] Let myqen(x) denote the slope of the tangent line at (z,y). Using the image above,

argue why:
m =_____"L2_‘IL‘2.
S]}ﬁ; L The S‘OP€ Cam  be —B.md Uiy ‘h-e simm
{“a’md'ex Pom wbch b (lear
B w = @ = _ !L)‘)()‘

II. [2 pts] Explain why the equation for the y-coordinate of the boat may be obtained from

the initial value problem:

d L? — z?
LT w=0

)

de T
(R J ' 0" b
T"v, S\o,se v also Sl_‘f; ;1 S0 e L—;'l& (s “tLe m(mhcp

fo be sabshed forall v oo fie cune.  From tie kW
note o x> L, \/:O, v T Tc (S y(L\)’Ol

1We are implicitly assuming that the rowboat does not fishtail as it moves; it stays in line with the rope!
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III. [12 pts] Find the specific solution to the initial value problem

d VL% — 2

dr z

0“[" S Lt 18
YAY =7 Y J__@f_‘ olx

The kgl on 1o RS requits a  4ng Sul |

(2?15 of Be P 07U W = y=x
U= asmb. =7 x=LsmnB
dx= L cos db
Lsmb

Y 'L Llsm / 040 L ¥
/L/sme A swh = X
- o~ coS 90’0

o -u’ sugtests o we

¢ © ' '
- L 5 = SE Lcsc + Lsmg] 49
5 **"“-’“gf;e cos B d = L lV)[C5C9+Co'€6 l-. [ cos D+(
st | T Ll
- . o
S-L |‘is:;9 Jb j Y_Q:llg_ 0= LM\ + O+«(
IV. [3 pts] Set L = 5. Find y’(és. o =7 C:iD
, i _L_. -
}7 Ll‘”x J:;"L’-w‘%

a | S A e
This 5 Bund mwdm(cly ustng  4he onj\ml obE

_dj - [lfx)‘
ax T
X
S whan L’S, X 5
dy = = (Pt
AX —
{
s -Jdie l-ﬂ
3 - 3 |



Answers:

1. Multiple choice

I C
II. C.
III. B.

9. Multiselect The choices A, B, E, F, G, H. should be circled!

3
3. L pz)=2(z+1)+ §(x +1)?
II. a =-3,-1

IIL. Neither is a solution to the IVP: see the solutions for an explanation.

4. L A zy*+4yi=1
2

B. vy =-

44 2zy
1 5
C. Y= —2'.’13 + 5
II. Converges
2t°
A oY=
V=84
B.t=1
1 )
C. Yy = §CL‘ + 5

5 L f(x)=6+m+6x2+gx6+...

- ! 1,13 7
II. A. \/1+a:—1+2:c 8:1: +16x + ...
1
B. ~1
6.1, II. See solutions
L 7 2
L y=L ;+-—If‘——“-’— VT =22

V. —4/3



